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p-adic Hénon-like Maps and their Julia Sets
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This talk investigates the dynamics of a family of p-adic Hénon-like maps f : Q2
p → Q2

p

given by f(x, y) = (xy + c, x), where c ∈ Qp is a parameter. We analyze the topological and
measure-theoretic properties of the forward filled Julia set K+ and the backward filled Julia set
K−.

When |c|p < 1, we prove that K+ has infinite Haar measure and contains Z2
p. Moreover,

every orbit in K+ \ (Z×
p )

2 converges to a fixed point. For |c|p > 1, we characterize K+ as the
set of points whose orbits eventually enter and remain in a specific bounded region.

Concerning the backward filled Julia set, we show that K− is bounded when |c|p ≤ 1, but
becomes unbounded with infinite Haar measure when |c|p > 1.

These results extend to the non-archimedean setting results previously established for the
real dynamics of this map (see [1, 2]), which are connected to stochastic adding machines and
Bratteli diagrams (see [3, 4]).

This is a joint work with Jefferson Bastos and Oyran Raizzaro.
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